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°æ-üÓ-ûª®Ωí∫-A í∫-ùÀ-ûªç
È®ç-úø’ -îª®Ω®√-¨¡Ÿ----™x Í®-&-ßª’ Ææ-O’éπ®Ω-ù«-© -ï-ûª

í∫ùÀûª ¨»ÆæYç™ Å®·ü¿’ ®Ωé¬© Nü∆u v°æ´÷-ù«©’Ø√o®·. ÅN.. 1) Ææ´’≤ƒu ≤ƒüµ¿†, 2) é¬®Ω-ù«©’
îÁ°æpúøç – E®Ω÷-°æù îËßª’úøç, 3) ´uéπh-°æ-®Ω-îªúøç, 4) Å†’-Ææç-üµ∆†ç, 5) ü¿%Qu-éπ-®Ωù – v§ƒA-Eüµ¿u °æ®Ω-îªúøç. 
°æ¤Ææh-éπç™ Ö†o v°æ¨¡o©†’ ÅüË Nüµ¿çí¬ É´yèπ◊çú≈ Â°j Å®·ü¿’ Nü∆u v°æ´÷ù«™xéÀ ´÷Ja É≤ƒh®Ω’. é¬•öÀd
Ææ´’Ææu†’ Å®Ωnç îËÆæ’-èπ◊E Ç Nü∆u v°æ´÷ùç™-ØË ï¢√•’ ®√ßª÷L.

★ È®çúø’ îª®Ω-®√¨¡Ÿ©’ Ö†o-°æ¤púø’ äÍé äéπ ≤ƒüµ¿† é¬¢√-©çõ‰ éπFÆæç È®çúø’ Ææyûªçvûª ÆæO’-éπ-®Ω-ù«©’
é¬¢√L.

★ ≤ƒüµ∆-®Ωùçí¬ ax + by + c = 0 (a, b, c ∈ R & a ≠ 0, b ≠ 0) ÆæO’-éπ-®Ω-ù«Eo È®çúø’ îª®Ω-®√¨¡Ÿ™x
Í®&ßª’ ÆæO’-éπ-®Ωùç Åçö«®Ω’.

v°æ: x − y = 1 & x − 2y = −2 ©†’ ≤ƒCµçîªçúÕ.

ï: x − y   = 1 ....(1)

x − 2y  = −2  ....(2)
− +      +                    (1) − (2) îËßª’í¬


y    =  3

(1) ™ ®√ßª’í¬ x − 3 = 1

x = 1 + 3 = 4

∴ ≤ƒüµ¿† x = 4 & y = 3  

★ Â°j Ææ´’Ææu†’ ¢ËÍ® Nüµ¿çí¬ Åúøí¬©çõ‰, Â°j ÆæO’éπ®Ωù«© ïûª êçúø† Í®ê™«? Ææ´÷çûª®√™«? ™‰ü∆
àéÃ¶µºNçîË Í®ê™«? ÆæJîª÷úøçúÕ.

x − y − 1 = 0, x − 2y + 2 = 0 ÉN

a1 x + b1 y + c1 = 0, &  a2 x + b2 y + c2 = 0 ®Ω÷°æç™ ÖØ√o®·.

a1 = 1, b1 = −1, c1 = −1, a2 = 1, b2 = −2, c2 = 2

a1 1
  =   = 1a2 1

b1 −1      1
  =  =  
b2 −2       2

a1 b1
∴  ≠ 

a2 b2

∴ Â°j ÆæO’éπ®Ωù«© ïûª êçúø† Í®ê©†’ Ææ÷*Ææ’hçC. OöÀéÀ äÍé äéπ ≤ƒüµ¿† Öçô’çC. 
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★ ÉüË Ææ´’Ææu†’ ví¬°∂ˇ ü∆y®√ ≤ƒCµçîªçúÕ.

v°æ: éÀçC Í®&ßª’ ÆæO’éπ®Ωù«© ïûª™x àC Ææçí∫ûª Í®&ßª’ ÆæO’éπ®Ωù«© ïûª, àC ÅÆæçí∫ûª Í®&ßª’
ÆæO’éπ®Ωù«© ïûª? àC °æ®ΩÆæp®Ω Çüµ∆Jûª ÆæO’éπ®Ωù«© ïûª? áçü¿’èπ◊?

(i) 4x − 6y = 15   (ii)  x + 2y = 6 

2x − 3y = 5              2x + 4y = 12    

(iii) x + 2y − 7 = 0

4x − 3y − 6 = 0

ï: Â°j ÆæO’éπ®Ωù«© ïûª©†’ a1 x + b1 y + c1 = 0 & a2 x + b2 y + c2 = 0 ®Ω÷°æç™ ®√Ææ’èπ◊E

(i) a1 = 4, b1 = −6,  c1 = −15

a2 = 2, b2 = −3, c2 = −5

a1 4             b1 −6 
 =   = 2,   =   = 2,
a2 2             b2 −3

c1 −15
 =   = 3
c2 −5

www.eenadupratibha.net
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x - y = 1 ÆæO’éπ®Ωù«EéÀ

x y = x - 1      x, y

0 y = -1 (0, -1)

2 y = 1 (2, 1)

3 y = 2           (3, 2)

4 y = 3 (4, 3)

x - 2y = -2 ÆæO’éπ®Ωù«EéÀ
x + 2 

x y  =   (x, y)2 

0 y = 1 (0, 1)

2 y  = 
4
2  = 2 (2, 2)

5                5
3 y =  (3, )2 2

4 y = 3 (4, 3)
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a1 b1 c1∴  =   ≠ 
a2 b2 c2

ÉN ÅÆæçí∫ûª ÆæO’éπ®Ωù«© ïûª, OöÀéÀ ≤ƒüµ¿† ™‰ü¿’. OöÀ Í®ë«*vûªç Ææ´÷çûª®Ω Í®ê©’.

(ii) a1 = 1, b1 = 2, c1 = −6

a2 = 2, b2 = 4, c2 = −12

a1 1 b1 2    1 c1 −6         1
 =  ,  =   =   ,  =    =   
a2        2 b2 4 2 c2 −12    2

a1 b1 c1
∴  =   =  a2 b2 c2

∴ ÉN °æ®ΩÆæp®Ω Çüµ∆Jûª ÆæO’éπ®Ωù«© ïûª. OöÀéÀ Å†çûª ≤ƒüµ¿-†©’ Öçö«®·. Åçõ‰ ÉN àéÃ¶µºNçîË
Í®ê©’.

(iii) a1 = 1, b1 = 2, c1 = −7

a2 = 4, b2 = −3, c2 = −6

a1 1 b1 2     c1 −7         7
 =  ,  =   ,  =    =   
a2 4 b2 −3 c2 −6        6

a1 b1∴  ≠ 
a2 b2

∴ ÉN êçúø† Í®ê©’. Åçõ‰ Ææçí∫ûª ÆæO’éπ®Ωù«© ïûª.

∴ àÈéjéπ ≤ƒüµ¿† Öçô’çC.

v°æ: Â°Eq™¸ ¢Á© ®Ω÷.x, Â°†’o ¢Á© ®Ω÷.y Å®·ûË, éÀçC Í®ë«ßª·ûª ÆæO’éπ®Ωù«© ïûª†’ ´÷ô™x
®√ßª’çúÕ.

2x + 3y = 24 ;   3x + 5y = 39

ï: È®çúø’ Â°Eq∞¡Ÿx, ´‚úø’ Â°†’o© ¢Á© ¢Á·ûªhç = ®Ω÷.24 

´‚úø’ Â°Eq∞¡Ÿx, Å®·ü¿’ Â°†’o© ¢Á© ¢Á·ûªhç = ®Ω÷.39

v°æ: äéπ éÓùç 24°, ´’®Ìéπ éÓùç 66° Å®·ûË, Ç éÓù«©-†’ -à´’çö«®Ω’?

ï: °æ‹®Ωéπ éÓù«-©’ -Åçö«®Ω’. (äéπ éÓùç x Å®·ûË, ü∆E °æ‹®Ωéπ éÓùç = 90 − x)

v°æ: äéπ éÓùç x° Å®·ûË ü∆E Ææç°æ‹®Ωéπ éÓùç áçûª?

ï: 180° − x

®Ω-îª®·-ûª: °œ.¢Ë-ù’-íÓ-§ƒ™¸
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°æ-üÓ-ûª®Ωí∫-A í∫-ùÀ-ûªç
È®ç-úø’ -îª®Ω®√-¨¡Ÿ--©-™ Í®-&-ßª’ Ææ-O’éπ®Ω-ù«-© -ï-ûª

v°æ: †’´¤y ≥ƒ°ˇèπ◊ ¢ÁRx 1 Â°Ø˛, 1 Â°Eq™¸ éÌE ®Ω÷.7 Éî√a´¤. Å™«çöÀ¢Ë F N’vûª’®√©’ ¨üµ¿† 5

Â°†’o©’, 2 Â°Eq∞¡x†’ éÌE ®Ω÷.20 É*açC. OöÀE Í®&ßª’ ÆæO’-éπ-®Ω-ù«-©™ îª÷°œç*, à °æü¿l¥A
ü∆y®√ ØÁjØ√ ≤ƒCµçîªçúÕ.

ï: Â°†’o ¢Á© = ®Ω÷.x

Â°Eq™¸ ¢Á© = ®Ω÷.y Å†’èπ◊çü∆ç

x  +  y = 7  ........................(1)

5x + 2y = 20 ....................(2)

(2)  − (1) × 2

5x + 2y = 20

2x + 2y = 14
− − −


3x = 6 ⇒ x = 2

x -N-©’-́ -†’ (1) ™ ®√ßª’í¬ 2 + y = 7

∴ y = 7 − 2 = 5

v°æ: 2x + 3y = 1, 3x − y = 7  Í®&ßª’ ÆæO’-éπ-®Ω-ù«© ïûª†’ ≤ƒCµçîªçúÕ.

(v°æAÍé~°æù °æü¿l¥A/ îª®Ω-®√-PE ûÌ©TçîË °æü¿l¥A/ îª®Ω-®√-PE §Ú™‰a °æü¿l¥A/ Ææ÷vûª °æü¿l¥A Çüµ∆-®Ωçí¬.)

ï: i) v°æA-Íé~-°æù °æü¿l¥A: 2x + 3y = 1 ....................(1)

3x − y = 7 ......................(2)

(2) †’ç* y = 3x − 7

y -N-©’-́ -†’ (1) ™ ®√ßª’í¬

2x + 3 (3x − 7) = 1

2x + 9x − 21 = 1

11x = 1 + 21

22
11x  =  22  ⇒ x  =   =  2

11
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x -N-©’-́ -†’ (1) ™ ®√ßª’í¬

2(2) + 3y = 1

3y = 1 − 4

3y =  − 3
−3 

y =    =  − 1
3

ii)  îª®Ω-®√-PE ûÌ©-TçîË °æü¿l¥A:

2x + 3y = 1  ................(1)

3x − y = 7 ...................(2)

(1) + (2) × 3

2x + 3y = 1

9x − 3y = 21

11x = 22 ⇒ x =  

21

11

= 2

x -N-©’-́ -†’ (2) ™ ®√ßª’í¬

3(2) − y = 7

− y = 7 − 6

y = −1

iii) îª®Ω-®√-PE §Ú™‰a °æü¿l¥A: (1) ÆæO’éπ®Ωùç †’ç*..

2x = 1 − 3y

1 − 3y
x =   ...............(3)

2

(2) ÆæO’éπ®Ωùç †’ç*..

3x = 7 + y

7 + y
x  =   .................(4)

3 

(3), (4) © †’ç*..

1 − 3y        7 + y
 =  

2                3

3 − 9y = 14 + 2y

− 9y − 2y = 14 − 3

−11y = 11 ⇒ y = −1
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y = −1 †’ (4) ™ ®√ßª’í¬

7 − 1        6
x  =   =  = 2

3            3

iv) Ææ÷vûª °æü¿l¥A:

a1 x + b1y + c1 = 0

a2 x + b2 y + c2 = 0

b1 c2 − b2 c1≤ƒüµ¿†: x  =  
a1 b2 − a2 b1

c1 a2 − c2 a1
y =  

a1 b2 − a2 b1

2x + 3y − 1 = 0

3x − y − 7 = 0

a1 = 2      b1 = 3      c1 = −1

a2 = 3      b2 = −1   c2 = −7

3(−7) − (−1) (−1)     − 21 − 1        − 22
∴ x  =   =  =    = 2

2(−1) − 3(3)         − 2 − 9         − 11 

−1 × 3 − (−7) 2       −3 + 14         11
y =  =   =   = −1

2(−1) − 3 × 3         − 2 − 9        −11

v°æ: 5x + 2y + 7 = 0, 10x + 4y − P = 0 Í®&ßª’ ÆæO’-éπ-®Ωù«© ïûª àéÃ-¶µº-NçîË Í®ê©’ é¬¢√-©çõ‰
P = ?

a1       b1      c1
ï:  =   =  

a2         b2       c2

5         2        7
 =   =  
10        4       −P

2        7         
 =   ⇒ −P = 14      
4       −P

∴ P = −14

v°æ: ÅÆæç-í∫ûª ÆæO’-éπ-®Ω-ù«© ïûªèπ◊ äéπ Öü∆-£æ«-®Ωù É´yçúÕ.

ï: 5x + 3y = 5
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a1 b1 c110x + 6y = 20 áçü¿’-éπçõ‰  =   ≠  é¬•öÀd.
a2         b2        c2

v°æ: Í®&ßª’ ÆæO’-éπ-®Ωù«© ïûªèπ◊ àÈéjéπ ≤ƒüµ¿† é¬¢√-©çõ‰ Eßª’-´÷©’ àN’öÀ?

a1 b1ï:  ≠  é¬¢√L.a2        b2 

•£æ›--∞Îj*a¥éπ v°æ-¨¡o©’

1.. È®çúø’ îª®Ω-®√¨¡Ÿ™x Í®&ßª’ ÆæO’-éπ-®Ω-ù«© ïûªèπ◊ äÍé ≤ƒüµ¿† Öçõ‰ ¢√öÀE à´’ç-ö«®Ω’?

(i) êçúø† Í®ê©’       (ii) Ææ´÷ç-ûª®Ω Í®ê©’

(iii) Ææçí∫ûª ÆæO’-éπ-®Ω-ù«©’  (iv) ÅÆæç-í∫ûª ÆæO’-éπ-®Ω-ù«©’

A) i & ii    B) ii & iii      C) i & iii     D) i & iv

2. È®çúø’ ÆæO’-éπ-®Ω-ù«© ïûªèπ◊ ≤ƒüµ¿† ™‰èπ◊çõ‰ ¢√öÀ--E- -à-´’ç-ö«®Ω’?

A) ÅÆæç-í∫ûª ÆæO’-éπ-®Ω-ù«©’   B) Ææçí∫ûª ÆæO’-éπ-®Ω-ù«©’

C) àéÃ-¶µº-NçîË Í®ê©’     D) àD-é¬ü¿’--

3. P -----ßÁ·éπ\ à N©’´èπ◊ (P − 1) x + 3y = 7

(P + 1) x + 6y = (5P − 1) 

-Å-†ç-ûª≤ƒ-üµ¿-Ø√-©’ -Öçö«®·?

A) P = 1   B) P = 2   C) P = 3   D) P = −1

ï-¢√-•’--©’: 1–C ; 2–A ; 3–C.

®Ω-îª®·-ûª: °œ. ¢Ë-ù’-íÓ-§ƒ™¸
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